AN ANALOGUE OF KOLMOGOROV'S INEQUALITY FOR A CLASS OF ADDITIVE ARITHMETIC FUNCTIONS
It is known that
olds for all additive functions for some absolute constant c 0 . This implies the analogue of Chebyshev's inequality. Hence it is of interest to determine whether the analogue of Kolmogorov's inequality also holds for all such functions. The author could not do this for all additive functions, but did find various sufficient conditions to guarantee the result. The two which were most general and verifiable for specific functions are stated in the opening paragraph.
The author proved his result in two stages. First he determined in Theorem 1 necessary and sufficient conditions for The more manageable problem that resulted provided the basis for proving the result stated in the opening paragraph as well as an approach that might eventually help lead to the full solution of the problem. The following well known facts are freely used in this article:
Σ P~~a log p a = O(log n) and Σ p~a = log log n + B + where B is an absolute constant. The next lemma represents an extension of a known result of sieve methods. For the cases where 1.9 5Ξδ<3or2<c<Ξw oτ z ^ b ^ c ^ n, note that it follows from the last result that i < 168w(log 6)(log 3)(log n) (log 1.9)(log^)(logc) we see that choosing c λ = 914 yields (1.1). This completes the proof.
2* General necessary and sufficient conditions* The next theorem is of theoretical significance. However, since it is not easy to apply the results to specific functions it is not very practical. THEOREM 
Given an additive complex valued arithmetic function f, necessary and sufficient conditions for
to hold for some constant c 2 are: 
for some constant c 3 . Note that (2.2) and (2.3) imply (2.5) and (2.6). Also, c 2 for all real t > 0. This establishes the sufficiency of the conditions. The fact that T ^ Γ 4 establishes the necessity of (2.2) and (2.5). The necessity of (2.2) and (2.5) together with T ^ Γ 5 -Γ 4 establishes the necessity of (2.3) and (2.6). This completes the proof. )p~a where the sum is over those p a ^ n; A(n) is thus reserved for /. Note that D\n) is the same for both / and g. We see that
This completes the proof.
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